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Abstract
In this work, computational fluid dynamics (CFD) is used to study elbow erosion due to a gas–solid two-phase flow. In 
particular, the direct simulation Monte Carlo (DSMC) method is used to study the impact of inter-particle collision on the 
erosion behavior. The two-way coupled Euler–Lagrange method is used to solve the gas–solid flow, and the DSMC method 
is used to consider the collision behavior between particles. The effects of key factors, such as the particle concentration 
distribution and inter-particle collision, on the erosion ratio are evaluated and discussed. The effectiveness of the method is 
verified from experimental data. The results show that the inter-particle collision significantly influences the particle move-
ment path and erosion ratio. When the inter-particle collision is considered, the maximum erosion position is offset. The 
erosion model proposed by Oka et al., who used the DSMC method, agrees best with the experimental data, and the average 
percentage error decreases from 39.2 to 27.4%.
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List of symbols
u⃗	� Instantaneous velocity vector, m/s
p	� Pressure, Pa
g⃗	� Acceleration of gravity, m/s2

Gk	� Generation term for the turbulent kinetic energy 
due to the velocity gradient, J

ui	� Velocity component in the i direction, m/s
k	� Turbulent kinetic energy, J
xi	� Space coordinates, m
xj	� Space coordinates, m
mi	� Mass of the particle i , kg
�⃗vi	� Velocity of the particle i, m/s
F⃗d,i	� Drag force, N
di	� Diameter of the particles, m
Res	� Reynolds number of the solid particles 

(dimensionless)
Cd	� Drag coefficient defined by Eq. (8)
J	� Impulse vector, N s
�(0)	� Velocity before collision, m/s

e	� Coefficient of restitution (dimensionless)
n	� Normal unit vector directed from particle i to parti-

cle j (dimensionless)
t	� Unit vector in the tangential direction 

(dimensionless)
G(0)	� Relative velocity of the particles before collision, 

m/s
Gct

(0)	� Tangential component of �(0),  m/s
Di	� Diameters of particles i, m
Dj	� Diameters of particles j, m|||�ij

|||	� Mode of relative velocity of particles i and j, m/s
Δtp	� Particle time step defined by Eq. (14)
Δtg	� Time step of the continuous phase, s
R	� Random number
j	� Serial number of the collision particle pair defined 

by Eq. (16)
ER	� Erosion ratio (dimensionless)
Fs	� Shape coefficient of the particles (dimensionless)
BH	� Hardness of the target material, N/mm2

K	� Empirical constants
n1	� Empirical constants
n2	� Velocity correlation index based on experience
u
p
	� Particle velocity, m/s
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en	� Restitution coefficients in the normal directions 
defined by Eq. (19)

et	� Restitution coefficients in the tangential directions 
defined by Eq. (20)

Greek letters
ρ	� Density of continuous phase, kg/m3

� 	� Stress tensor
�t	� Turbulence viscosity, Pa s
�	� Turbulent dissipation rate, W/m3

�i	� Density of the solid particles, kg/m3

�	� Coefficient of friction (dimensionless)
α	� Impact angle, degree

1  Introduction

Pipeline erosion is one of the main problems in pneumatic 
conveying systems, particularly in the field of oil and gas. 
Erosion may lead to equipment failure or even plant failure, 
limiting the efficiency and safety of production (Zhang et al. 
2007). It is important to develop an effective method to pre-
dict elbow erosion distribution and build a high-precision 
erosion prediction model for reducing maintenance time and 
saving resources (Pereira et al. 2014).

The fundamental cause of erosion is the interaction 
between particles and wall, resulting in the removal of wall 
materials. The velocity and impact angle of the particles 
play a major role in the erosion phenomenon (Karimi et al. 
2017). Many erosion prediction models have been proposed 
to reveal the interaction mechanism between particles and 
wall. Finnie (1960) put forward the theory of micro-cutting 
of plastic materials for the first time. Bitter (1963a, b) classi-
fied erosion wear of surface materials into deformation wear 
and cutting wear and proposed an erosion model. Neilson 
and Gilchrist (1968), Hutchings (1981), Zhang et al. (2007), 
and Oka et al. (2005) proposed empirical and semi-empirical 
erosion prediction models based on experimental results. 
Computational fluid dynamics (CFD)-based erosion predic-
tion technology has been effectively applied to predict ero-
sion under specific conditions. Zhang et al. (2012) studied 
the effects of slurry velocity, bending direction, and angle of 
an elbow on erosion by conducting a CFD-based numerical 
simulation. The maximum erosion position shifted down-
stream with the increase in the flow velocity. Duarte et al. 
(2015) numerically studied the effect of particle mass con-
centration on elbow erosion and found that the erosion rate 
decreases with the increase in the particle mass concen-
tration. The reason given was the impact of inter-particle 
collision; however, the mechanism of inter-particle colli-
sion was not discussed. Peng and Cao (2016) studied the 
erosion of an elbow due to a liquid–solid two-phase flow 
using the two-way coupled Euler–Lagrange method. Three 

mechanisms of particle collision were proposed to explain 
the effect of Stokes number on erosion morphology. Zhang 
et al. (2018a) studied the influence of mesh structure on the 
erosion prediction of small particles and proposed a CFD 
mesh generation strategy to better match the experimental 
results. Zeng et al. (2018) used the CFD-discrete element 
method (DEM) coupling method to study the effect of par-
ticle shape on the erosion behavior in a dense particle flow. 
The particle sphericity was found to affect the contribution 
of key parameters, such as the impact frequency, velocity, 
and elbow angle, to the erosion rate. Li et al. (2017) used the 
nonlinear finite element method (FEM) to study deforma-
tion behavior and different failure modes of unpressurized 
and pressurized pipes under bending conditions. Laín and 
Sommerfeld (2019) calculated erosion depth for two- and 
four-way coupling and for mono-sized spherical glass beads 
as well as a size distribution of particles. When particle mass 
loading is increased, bend erosion is reduced due to modi-
fications of particle impact velocity and angle, although 
wall collision frequency grows. Azimian and Bart (2016) 
proposed a model based on the Euler–Euler approach; the 
effects of input flow velocity, solid concentration, and the 
particle size on erosion depth and erosion spatial distribu-
tion are investigated. Zhu and Li (2018) used CFD-DPM 
Eulerian–Lagrangian approach to evaluate the anti-erosion 
effect. Particles are more uniformly distributed in a low-
speed flow, rebound effect attenuates the direct collisions 
against the same spot. Farokhipour et al. (2019) used the 
CFD-DEM method to study the effects of mass loading and 
one-, two- and four-way coupling regimes on the model pre-
diction on erosion rate. The simulation results indicated that, 
as the particle mass loading increases, the effectiveness of 
plugged tee compared to the standard elbow increases, and 
influence of particles interaction with flow and particle col-
lision cannot be neglected. Zhao et al. (2020) used dense 
grid by one-way coupling of solid phase to simulate the 
single-phase impinging jet due to its dilute distribution, and 
the simulation results agreed well with experiments. These 
studies have promoted the development of CFD-based ero-
sion prediction technology; however, there is no research on 
the impact of inter-particle collision on the erosion behavior. 
The main reason is that the Euler–Lagrange particle trajec-
tory model is used to track the trajectories of a large number 
of real particles in the flow field and to find collision pairs 
from the trajectories in a deterministic manner. If the num-
ber of particles increases, huge computational resources and 
computational time are required, making it impossible to 
perform the calculation based on individual particles.

In the field of rarefied gas dynamics, the direct simulation 
Monte Carlo (DSMC) method is widely used to simulate parti-
cle motion in gas–particle two-phase flows, as it can effectively 
deal with particle motion and collision. Xiong et al. (2017) 
used the grand canonical Monte Carlo simulation method to 
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study the methane adsorption behaviors in slit-like chlorite 
nanopores, and the influences of the pore sizes, temperatures, 
water, and compositions on methane adsorption on chlorite 
were discussed. In the DSMC method, real particles are 
replaced with a small number of sampled particles, and the 
inter-particle collisions are determined randomly, rather than 
deterministically as in the case of the discrete phase model 
(DPM) or DEM. This helps save computational power.

The purpose of this work was to study the impact of inter-
particle collision on the erosion of a 90° elbow. We compared 
the simulation and experimental results to verify the effective-
ness of the DSMC-CFD erosion prediction method.

2 � Numerical model

In this study, the Eulerian–Lagrangian method is used 
to solve the gas phase as a continuous phase based on the 
Navier–Stokes equation, and the solid particles are treated as 
discrete phases and are solved using Newton’s second law. 
The numerical simulation involves four models: a continuous 
phase model, a discrete phase model, an inter-particle collision 
model, and an erosion model.

2.1 � Continuous phase model

The Navier–Stokes equation is used to model the continuous 
phase. The general equations of continuity and momentum 
are as follows:

Here ρ is the continuous phase density, kg/m3; u⃗ is the 
instantaneous velocity vector, m/s; p is the pressure, Pa; � 
is the stress tensor; g⃗ is the acceleration due to gravity, m/
s2; and �⃗SD is the additional source term for the interaction of 
particles with the continuous phase.

The standard k-ε turbulence model is used for turbulence 
modeling in the following form:

Here �t is the turbulence viscosity:

(1)
𝜕𝜌

𝜕t
+ ∇(𝜌u⃗) = 0

(2)
𝜕

𝜕t
(𝜌u⃗) + ∇ ⋅ (𝜌u⃗u⃗) = −∇p + ∇ ⋅ (𝜏) + 𝜌g⃗ + �⃗SD
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Gk is the generation term for the turbulent kinetic energy 
due to the velocity gradient; ui is the velocity component in 
the i direction, m/s; k is the turbulent kinetic energy, J; � is 
the turbulent dissipation rate, W/m3; xi and xj are the space 
coordinates, m, i ≠ j ; �k (= 1) and �ε (= 1.3) are the turbu-
lent Prandtl numbers for k and � , respectively; Sk and Sε are 
source terms; C1� = 1.44, C2� = 1.92, and Cμ = 0.09.

2.2 � Discrete phase model

In the DPM, the translational motion of the particles in the 
gas phase conforms to Newton’s second law of motion, and 
the trajectory of the solid particles can be obtained by inte-
grating the motion equation of the particles in Lagrangian 
coordinates. The governing equation of particle motion is 
as follows:

Here mi and �⃗vi , respectively, represent the mass and velocity 
of the particle i , and 

∑
Fi is the sum of all the forces acting 

on the particles, including the drag force F⃗d,i , gravity F⃗g,i , 
pressure gradient force F⃗p,i , and virtual mass force F⃗vm,i.

The drag force is the main force acting on the solid par-
ticles and is defined as follows:

 Here v⃗i is the velocity vector of the solid particles, m/s; di 
is the diameter of the particles, m; �i is the density of the 
solid particles, kg/m3; and Res is the Reynolds number of 
the solid particles:

 Cd is the drag coefficient:

 Here a1, a2, and a3 are constants for the smooth spherical 
particles given by Zhang et al. (2012).

The fluid affects the dispersed phase through drag and 
turbulence, while the particles affect the fluid because of the 
reduction in average momentum and turbulence, resulting in 
momentum exchange between the gas and dispersed phases. 
In this study, the two-way coupling method is used to solve 
the interaction between the particles and the fluid.

(5)mi

d�⃗vi
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=
∑
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2.3 � Inter‑particle collision model

When the rotation of the particles is neglected, the move-
ment of the sampled particles can be divided into translation 
motion and collision process. The translation motion of the 
sampled particles obeys the DPM model, and the collision 
process follows the inter-particle collision model (Zhang 
et al. 2018b).

2.3.1 � Particle collision dynamics model

Assuming that the particles are rigid spheres, the collision 
process between the particles is instantaneous and is con-
trolled by an impulse equation, which is not affected by other 
forces. If a collision occurs between particles i and j, the 
velocity after collision can be calculated using the impulse 
equation, as follows:

Here J is the impulse vector applied to particle i during colli-
sion, and �(0) is the velocity before collision. Through math-
ematical deduction, the velocity of the two particles after 
collision is as follows:

If 
(
� ⋅�(0)∕

|||�
(0)
ct

|||
)
< (1∕𝜉(1 + e))

If 
(
� ⋅�(0)∕

|||�
(0)
ct

|||
)
≥ (1∕�(1 + e))

Here e is the coefficient of restitution, � is the coefficient of 
friction, � is the normal unit vector directed from particle i 
to particle j in collision, � is the unit vector in the tangential 
direction, G(0) is the relative velocity of the particles before 
collision, and G(0)

ct
 is the tangential component of G(0).

2.3.2 � Collision probability

Assuming that the particles are randomly distributed in a 
certain spatial range, particle i may collide with any particle 
in this range. The collision probability depends on the rela-
tive velocity, size, and local concentration of the particles, 
as shown in Fig. 1.
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The collision frequency of particle i can be calculated 
using the following formula:

Here Di and Dj are the diameters of particles i and j, respec-
tively, |||Gij

||| is the mode of relative velocity of particles i and 
j, V0 is the volume of the search area, the search radius is |||Gij

|||Δtp , N is the actual number of particles in the search 
range, and n� is the actual number of particles represented 
by the sampled particles. Pawar et al. (2014) showed that an 
unbiased estimation of the average collision frequency can 
be made when at least eight samples are taken from each 
search area volume. Therefore, we take N

n�
≥ 8.

The average free path of the particles is the average 
distance between particles. According to the collision fre-
quency, the average free path �i of particle i with velocity vi 
can be calculated as follows:

The particle time step Δtp is calculated as follows:

Here Δtg is the time step of the continuous phase.
Therefore, the collision probability of particles i and j 

during the particle time step can be obtained from the fol-
lowing formula:

(12)Pi =

N∑
j=1

n�π
(
Di + Dj

)2|||Gij
|||

4V0

(13)�i =
||vi||
Pi

(14)Δtp = min

[
�i

3vi
,Δtg

]

Particle i
Particle j

d

|Gij|∆tp Di + Dj

Fig. 1   Collision probability diagram
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The modified Nanbu method is used to determine whether 
collision occurs (Zhang et al. 2018b). First, a random num-
ber R with a uniform distribution ranging from 0 to 1 is 
extracted from a random number generator, and the serial 
number of the collision particle pair j is generated using 
Eq. (16).

 Here int[R × N] is an integer operation of R and N.
The collision probability of the particles is calculated using 

Eq. (15). The collision occurrence criterion is expressed as 
follows:

When Eq. (17) is satisfied, the particles i and j will collide in 
time step Δtp . The velocity after collision is calculated using 
Eqs. (9)–(11). Figure 2 shows a flowchart of the sample par-
ticle calculation process in the DSMC method.

2.4 � Erosion prediction model

Many models and methods have been proposed for predicting 
the erosion rate. In the current erosion prediction models, the 
erosion rate is modeled as follows:

Here ER is the ratio of the mass loss of the target material to 
the mass of the eroded particles, Fs is the shape coefficient 
of the particles, BH is the hardness of the target material, K 
and n1 are empirical constants based on the properties of the 
materials, u

p
 is the particle velocity, n2 is the velocity cor-

relation index based on experience, and F(�) is the collision 
angle function. The erosion models have a strong empirical 
correlation, and the parameters of the.

different models vary significantly. The erosion prediction 
models considered in this study include those proposed by 
Oka et al. (2005), DNV model (Haugen et al. 1995), Zhang 
et al. (2007), Neilson and Gilchrist (1968) model, and Vieira 
et al. (2016). The specific expression formulae and detailed 
parameters of each model can be found in their papers.

The particle–wall collision rebound model is used to cal-
culate the change in velocity after particle–wall collision. The 
random particle–wall collision rebound model proposed by 
Grant and Tabakoff (1975) is used. The expressions are as 
follows:

(15)Pij =
π
(
Di + Dj

)2|||Gij
|||n�Δtp

4V0

(16)j = int[R × N] + 1

(17)R >
j

N
− Pij

(18)ER = K(BH)n1Fsu
n2
p
F(�)

(19)en = 0.993 − 1.76� + 1.56�2 − 0.49�3

 Here en and et are the restitution coefficients in the normal 
and tangential directions, respectively.

(20)et = 0.988 − 1.66� + 2.11�2 − 0.67�3

The calculation process
for particle i

The calculation for the
next particle i + 1

Calculate mean free path
λ i, using Eq.(13)

Calculate particle time
step ∆tp,using Eq.(14)

Generate a random number R
j = int[R∙N] + 1

Calculate collision probability Pij,
using Eq.(15) 

Particles i and j collide

Calculate new position and
velocity, using Eqs.(9)-(11)

R > j/N - Pij?

∑∆tp > ∆tg?

Yes

Yes

No

No

Fig. 2   Flowchart of sample particle calculation process
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3 � CFD Modeling

3.1 � Geometric model and mesh generation

The subject of this study is a 90° elbow with a diameter 
of 76.2 mm, a curvature radius of 1.5D (114.3 mm), an 
upstream pipe length of 15D (1143 mm), and a down-
stream pipe length of 10D (762 mm), as shown in Fig. 3.

The near-wall meshing strategy in the CFD model is very 
important to the stability, and accuracy of the simulation 
results in this article refers to Zhang et al. (2018b) research. 
The geometry of the runner is simple, hexahedron elements 
are used for the structural mesh, and using enhanced wall 
function near-wall modeling approach. The first layer thick-
ness is set to 1.1 mm, the maximum Y + value is 80, the 
boundary layer expansion coefficient is 1.2, and the number 
of boundary layers is 10. Grid independence analyzed the 
number of grids from 100,000 to 15 million. The results 
show that the erosion ratio changes only slightly with the 
increase in the number of meshes, and no significant change 
occurs when the number of meshes is more than 3.66 mil-
lion. Therefore, the number of grids in this study is set to 
3.66 million.

3.2 � Simulation conditions

Solid particles and air are injected uniformly through the 
inlet of the elbow at the same speed. An inlet velocity 
boundary condition is applied to the inlet, and a free outflow 
boundary condition is applied to the outlet. The pipe wall is 
the wall boundary, the wall roughness constant is set to 0.5, 
and the turbulence intensity is set to 5%. Previous studies 
have shown that the erosion ratio has no effect on the num-
ber of particles when the number of particles is more than 
20,000. To ensure a sufficient number of particles, 50,000 
particles were injected into the entrance of the simulation 
model.

The calculation conditions are consistent with the experi-
mental conditions set by Vieira et al. (2016). The gas veloc-
ity is in the range of 11–27 m/s, the mass flow rate of the 
solid particles is in the range of 103–452 kg/day, the mass 
loading (the ratio of solid mass flow rate to gas mass flow 
rate) is in the range of 0.015–0.059, and the particle diam-
eters are 150 and 300 µm. The air density is 1.2 kg/m3, the 
wall density is 7990 kg/m3, and the solid particle density is 
2650 kg/m3. Table 1 lists 11 sets of experimental conditions 
obtained from the study by Vieira et al.

4 � Results and discussion

4.1 � Velocity and pressure distributions

Figure 4 shows the fluid velocity distribution at the XY 
section of the elbow under condition 3. There is an obvi-
ous velocity gradient between the center of the elbow and 
the wall, and the fluid velocity at the center of the elbow is 
generally greater than that near the wall. When considering 

10D

15D

Flow

1.5D

Upstream

Downstream

D

D = 76.2 mm

0°

15°

30°

45°

60°
75°90°

X

Y

Intrados Extrados

G

Fig. 3   Diagram of elbow geometry

Table 1   Experimental conditions obtained from the study by Vieira 
et al. (2016)

Condition Gas velocity, 
m s−1

Particle diam-
eter, μm

Particle mass 
flow rate, 
kg day−1

1 15 300 154
2 15 300 192
3 15 300 452
4 11 300 288
5 15 300 103
6 23 300 227
7 27 300 256
8 11 150 254
9 15 150 237
10 23 150 257
11 27 150 206
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inter-particle collision, the velocity gradient near the wall 
is closer, and the boundary layer is thinner. This is because 
the particles deviate from the main streamline due to colli-
sions and consequently impact the outer wall and transfer 
their kinetic energy to the fluid near the wall. Because of 
the coupling mechanism involved in the exchange of kinetic 
energy between the particles and the fluid, the velocity of 
the fluid at the inlet extrados and outlet intrados of the 90° 
elbow is higher.

When the fluid enters the elbow, the gas velocity near 
the extrados of the elbow decreases, whereas that near the 
intrados increases, resulting in a significant change in the 
pressure. The extrados pressure of the 90° elbow increases, 
and the intrados pressure decreases. The influence of particle 
collision on the fluid pressure distribution can be neglected. 
Figure 5 shows the distribution of the fluid pressure field.

4.2 � Particle concentration distribution

The mass loading ratio is defined as the ratio of the maxi-
mum local particle mass concentration to the average inlet 
particle mass concentration in the entire flow process. Fig-
ure 6 shows the mass loading ratio during the erosion simu-
lation process. The closer the color to the blue area in the 
figure, the closer the local maximum concentration to the 
uniformly distributed mass loading. The closer the color 
to the red area, the greater the local maximum concentra-
tion and particle concentration in this area. The transparent 
areas indicate that very few particles pass this region. The 
particles are distributed evenly in the straight section of the 
entrance, and the local concentration of the particles var-
ies dramatically after entering the 90° elbow. Because of 
inertia, the particles in the straight section accumulate at 
the extrados of the elbow when passing through the elbow, 
and at the same time, a particle free zone is formed at the 
intrados side of the elbow because of the shadow effect. 
The particles rebounding at the extrados contact the wall 
partially, forming a “V-shaped” high-concentration particle 

Velocity, m/s
19.23

17.31

15.39

13.45

11.54

9.62

7.69

5.77

3.85

1.92

0

19.23
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13.45

11.54

9.62
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5.77

3.85

1.92

0

Velocity, m/s

(a) With particle collision (b) Without particle collision

Fig. 4   Distribution of velocity field at the XY section of the elbow
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-12.48

-32.54

-52.59

-72.65

-92.70

-112.76

-132.82
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Fig. 5   Distribution of pressure field at the XY section of the elbow

Mass loading ratio

Particle free zone
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concentration zone

Flow

19.86

14.89

9.93

4.96

0

Fig. 6   Particle concentration distribution
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area under the action of secondary flow. The maximum local 
particle concentration occurs at the intersection point of the 
V-shaped wings and is 19.86 times the average particle mass 
concentration at the entrance.

Figure 7 shows the particle mass loading ratio and the 
velocity vector at the cross sections perpendicular to the 
axis of the elbow. The effect of secondary flow on the local 
concentration of the particles is more obvious, as shown in 
Fig. 7. Initially, at the cross section (a), the directions of the 
velocity vectors are the same, and the particle concentration 
distribution is more uniform. At cross sections (b) and (c), 
the directions of the velocity vectors change, and the fluid 
near the extrados is separated from the main stream, and 
a large number of particles accumulate at the extrados. At 
cross section (d), the directions of the velocity vectors are 
consistent again, and the particles diffuse to the periphery 
of the aggregation zone, as observed from the particle con-
centration distribution.

4.3 � Inter‑particle collision in flow field

Figure 8 shows the particle trajectories with and without 
considering inter-particle collision under condition 3. As 
shown in Fig. 8, when the collision between the particles 
is not considered, the particle trajectories are concentrated 
in a V-shaped region, similar to that shown in Fig. 6, and a 
wider particle free zone is generated because of the particle 
motion mechanism. When considering the collision between 
particles, only a small number of particles collide in the 
straight section of the entrance, with most of the inter-par-
ticle collisions occurring in the high concentration area of 
the elbow. Some particles collide outside of the V-shaped 
region, resulting in a narrower particle zone. The mass load-
ing at the inlet under condition 3 is 0.059, and the volume 
fraction is 2.67 × 10−5. Moreover, even the particles in the 
dilute particle flow may have 1–2 times or more collisions 
at the elbow.

Mass loading ratio
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4.96

0

Intrados(a) (b)

(c) (d)
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Fig. 7   Vector diagrams of fluid velocity and particle concentration distribution: a 0°, b 30°, c 60°, d 90°
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Figures 9 and 10 show the relationship between the par-
ticle mass flow rate, particle diameter, and particle collision 
location distribution. The inter-particle collisions are mainly 
distributed at the 90° elbow. With the increase in the particle 
mass flow rate, the proportion of the number of collisions in 
the straight pipe section to the number of collisions in the 
entire pipe increases; however, it is still far less than that 
at the elbow. The inflection point, shown in Fig. 9, is due 
to the change in the flow velocity, and the number of inter-
particle collisions decreases with the increase in the inlet 
velocity. Figure 10 shows the effect of particle diameter on 

the inter-particle collisions. The total number of collisions 
decreases with the increase in the particle diameter. This is 
because with the increase in the particle size, the number of 
particles decreases, and the collision pairing of the particles 
becomes more difficult.

4.4 � Effect of inter‑particle collision on erosion 
behavior

Figure 11 shows the erosion simulation results with and 
without considering particle collision under condition 

Flow

Flow
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0
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Fig. 8   Effects of inter-particle collisions on particle trajectories
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Fig. 9   Effect of particle mass flow rate on the number of collisions
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3. Because of the special particle trajectory at the elbow 
extrados, the “V-shaped” erosion morphology is formed 
on the outer wall of the elbow. The maximum erosion ratio 
considering inter-particle collisions is less than that without 
considering them. Notably, the erosion ratio decreases at 
the maximum erosion position when particle collision is not 
considered and increases around and outside the intersection 
of the two wings of the V-shaped erosion scar. Therefore, the 
collisions between the particles affect the erosion ratio dis-
tribution of gas–solid flows. Figure 12 shows a comparison 

of the distribution of the erosion ratio, particle trajectory, 
particle concentration, and collision location. The particle 
trajectory is the most dense, the local concentration is the 
highest, and the collision frequency is the highest where the 
erosion ratio is maximum. Therefore, the impact of particle 
collision should be considered when predicting the maxi-
mum erosion location.

By comparing the three key parameters affecting the ero-
sion, we can have a better understanding of the change in the 
erosion mechanism after particle collision. Figure 13 shows 
a comparison of the variations in the number of particle 
hits to the wall, the average impact angle, and the average 
impact velocity. The trajectory of particle hits to the wall 
forms a V-shaped high-frequency impact area. The num-
ber of particle hits to the wall is highest at the end of the 
“V-shaped” area, and it decreases after considering inter-
particle collision. The average impact angle and velocity do 
not exhibit any obvious change in this area, because most of 
the collisions are first collisions between the upstream par-
ticles and the inner wall of the elbow. In the outer flanks of 
the V-shaped region, the number of hits, the average impact 
angle, and the average impact velocity of the particles on the 
wall are significantly increased. The difference is due to the 
change in the particle trajectory caused by particle collision.

Figure 14a and b shows the difference between the CFD 
and DSMC-CFD results in predicting the maximum and 
total erosion ratios, respectively. In Fig. 14a, the longitudinal 
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Fig. 10   Effect of particle diameter on the number of collisions
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axis represents the percentage bias of the maximum ero-
sion ratio predicted using the CFD and maximum erosion 
ratio predicted using the DSMC-CFD, and the transverse 
axis represents the total number of collisions between the 

particles. When the total number of collisions is less, the 
difference is more. With the increase in the total number 
of collisions between the particles, the percentage error of 
the maximum erosion ratio predicted using the CFD and 

Erosion ratio, mm/kg Particle collision frequency Mass loading ratio Local region collision frequency

3.107e-004
2.796e-004
2.486e-004
2.175e-004
1.864e-004
1.553e-004
1.243e-004
9.321e-005
6.214e-005
3.107e-005
0.000e+000

4.0

3.0

2.0

10.

0

19.86

14.89

9.93

4.96

0

120

90

60

30

0

Fig. 12   Relationship between erosion ratio, particle trajectory, particle concentration, and collision location
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DSMC-CFD is approximately in the range of 5–15%, indi-
cating that the maximum erosion ratio predicted using the 
DSMC-CFD is 5–15% lower than that predicted using the 
CFD. Figure 14b shows the total erosion ratio obtained using 
the two methods. The total erosion ratios calculated using 
the CFD and DSMC-CFD are the same, implying that the 
total metal loss due to the particles calculated using the two 
methods is similar.

4.5 � Comparison of erosion models

Figure 15 shows the distribution of the erosion ratio along 
the center line of the elbow, predicted using the models pro-
posed by Oka et al., DNV model, Zhang et al., Neilson and 
Gilchrist, and Vieira et al. The flow condition is condition 
2. The calculation results of the different erosion models 
are quite different. The simulation values obtained using the 
models proposed by Oka et al. and Zhang et al. are close 
to the experimental values. The simulation results have the 
following common characteristics: without inter-particle 
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collision, the maximum erosion location is approximately 
45° on the elbow axis. After considering the inter-particle 
collision, the maximum erosion position shifts downstream 
by 5°, i.e., to approximately 50° on the elbow axis. The ero-
sion ratio at 45° decreases significantly, from 15.2 to 17.3%. 
The maximum erosion ratio considering particle collision is 
less than that without considering it.

The numerical simulations are carried out considering 
the 11 working conditions, five erosion models, and two 
cases (with and without inter-particle collision). Figure 16 
shows a comparison of the erosion prediction results with 
the experimental values. The transverse axis represents the 
maximum erosion ratio measured by experiment, and the 
longitudinal axis represents the maximum erosion ratio pre-
dicted by numerical simulation. Figure 16 shows that the 
average error between the predicted maximum erosion ratio 
and the experimental values for the different erosion mod-
els varies when particle collision is considered in the mod-
eling. The models proposed by Oka et al., Zhang et al. and 
Vieira et al. overestimate the actual erosion ratio. The error 
is less when using the DSMC method wherein the particle 
collision is considered; the percentage error is reduced by 
11.8, 14.1, and 27.4%, respectively. The models proposed by 
DNV, Neilson and Gilchrist underestimate the actual erosion 
ratio; the error when using the DSMC method is increased 
by 3.6 and 5.1%, respectively. The model proposed by Oka 
et al. with the DSMC method agrees best with the experi-
mental data, and the average percentage error between the 
model and experimental data decreases from 39.2 to 27.4%.

5 � Conclusions

The DSMC method was used to study the impact of inter-
particle collision on elbow erosion due to a gas–solid two-
phase flow. To verify the models and methods analyzed 
in this study, the simulation results are compared with the 
experimental results. The following conclusions can be 
drawn from this work:

(1)	 Under the action of inertia and secondary flow, the par-
ticles form a high concentration region, and the maxi-
mum local concentration is 19.86 times the average 
concentration. The particles in the dilute particle flow 
may collide 1–2 times or more in the high concentra-
tion region. The particle mass flow rate, inlet velocity, 
and particle size affect the frequency of particle colli-
sions.

(2)	 When inter-particle collision is considered in the 
DSMC method, the lateral erosion ratio of the V-shape 
erosion trace increases, and the predicted maximum 
erosion ratio decreases by 5–15%. This is mainly 
because the inter-particle collision results in a change 
in the location and number of hits.

(3)	 Considering inter-particle collision, the maximum ero-
sion position is offset by 5° downstream, i.e., to approx-
imately 50° on the elbow axis. The erosion ratio at 45° 
decreases from 15.2 to 17.3%.

(4)	 When inter-particle collision is considered through 
the DSMC method, the errors are reduced for the ero-
sion model that overestimates the actual erosion ratio, 
whereas the errors are increased for the model that 
underestimates the actual erosion ratio. The model 
proposed by Oka et al., wherein the DSMC method is 
used, agrees best with the experimental data, and the 
average error decreases from 39.2 to 27.4%.

Acknowledgements  The authors acknowledge the financial support 
by the National Natural Science Foundation of China (No. 51874340) 
and by the Shandong Provincial Natural Science Foundation, China 
(No. ZR2018MEE004).

Open Access  This article is licensed under a Creative Commons Attri-
bution 4.0 International License, which permits use, sharing, adapta-
tion, distribution and reproduction in any medium or format, as long 
as you give appropriate credit to the original author(s) and the source, 
provide a link to the Creative Commons licence, and indicate if changes 
were made. The images or other third party material in this article are 
included in the article’s Creative Commons licence, unless indicated 
otherwise in a credit line to the material. If material is not included in 
the article’s Creative Commons licence and your intended use is not 
permitted by statutory regulation or exceeds the permitted use, you will 
need to obtain permission directly from the copyright holder. To view a 
copy of this licence, visit http://creat​iveco​mmons​.org/licen​ses/by/4.0/.

1.0E-05 1.0E-04 1.0E-03 1.0E-02
1.0E-05

1.0E-04

1.0E-03

1.0E-02

With particle collision: Oka et al. DNV
Neilson & Gilchrist Vieira et al.

Without particle collision: Oka et al. DNV

Zhang et al.

Zhang et al.
Neilson & Gilchrist Vieira et al.

gk/
m

m ,oitar noisore detcider
P

Experimental erosion ratio data, mm/kg

Fig. 16   Comparison between calculated results of different erosion 
models and experimental values

http://creativecommons.org/licenses/by/4.0/


922	 Petroleum Science (2021) 18:909–922

1 3

References

Azimian M, Bart H. Numerical analysis of hydroabrasion in a hydrocy-
clone. Petrol Sci. 2016;13:304–19. https​://doi.org/10.1007/s1218​
2-016-0084-7.

Bitter JGA. A study of erosion phenomena: part I. Wear. 1963a;6(1):5–
21. https​://doi.org/10.1016/0043-1648(63)90003​-6.

Bitter JGA. A study of erosion phenomena: part II. Wear. 
1963b;6(3):169–90. https​://doi.org/10.1016/0043-1648(63)90073​
-5.

Duarte CAR, Souza FJD, Santos VFD, et al. Numerical investiga-
tion of mass loading effects on elbow erosion. Powder Technol. 
2015;283:593–606. https​://doi.org/10.1016/j.powte​c.2015.06.021.

Farokhipour A, Mansoori Z, Rasteh A, et al. Study of erosion predic-
tion of turbulent gas-solid flow in plugged tees via CFD-DEM. 
Powder Technol. 2019;352:136–50. https​://doi.org/10.1016/j.
powte​c.2019.04.058.

Finnie I. Erosion of surfaces by solid particles. Wear. 1960;3(2):87–
103. https​://doi.org/10.1016/0043-1648(60)90055​-7.

Grant G, Tabakoff W. Erosion prediction in turbomachinery resulting 
from environmental solid particles. J Aircraft. 1975;12:471–8. 
https​://doi.org/10.2514/3.59826​.

Haugen K, Kvernvold O, Ronold A, et al. Sand erosion of wear-resist-
ant materials: erosion in choke valves. Wear. 1995;186–187:179–
88. https​://doi.org/10.1016/0043-1648(95)07158​-X.

Hutchings IM. A model for the erosion of metals by spherical parti-
cles at normal incidence. Wear. 1981;70(3):269–81. https​://doi.
org/10.1016/0043-1648(81)90347​-1.

Karimi S, Shirazi SA, McLaury BS. Predicting fine particle erosion uti-
lizing computational fluid dynamics. Wear. 2017;376–377:1130–
7. https​://doi.org/10.1016/j.wear.2016.11.022.

Laín S, Sommerfeld M. Numerical prediction of particle erosion of 
pipe bends. Adv Powder Technol. 2019;30(2):366–83. https​://doi.
org/10.1016/j.apt.2018.11.014.

Li Y, Shuai J, Jin ZL, et al. Local buckling failure analysis of high-
strength pipelines. Petrol Sci. 2017;14:549–59. https​://doi.
org/10.1007/s1218​2-017-0172-3.

Neilson JH, Gilchrist A. Erosion by a stream of solid particles. Wear. 
1968;11(2):111–22. https​://doi.org/10.1016/0043-1648(68)90591​
-7.

Oka YI, Okamura K, Yoshida T. Practical estimation of erosion damage 
caused by solid particle impact: part 1: effects of impact param-
eters on a predictive equation. Wear. 2005;259(1–6):95–101. https​
://doi.org/10.1016/j.wear.2005.01.039.

Pawar SK, Padding JT, Deen NG, et al. Lagrangian modelling of dilute 
granular flow—modified stochastic DSMC versus deterministic 
DPM. Chem Eng Sci. 2014;105:132–42. https​://doi.org/10.1016/j.
ces.2013.11.004.

Peng WS, Cao XW. Numerical simulation of solid particle erosion in 
pipe bends for liquid–solid flow. Powder Technol. 2016;294:266–
79. https​://doi.org/10.1016/j.powte​c.2016.02.030.

Pereira GC, Souza FJD, Martins DADM. Numerical prediction 
of the erosion due to particles in elbows. Powder Technol. 
2014;261:105–17. https​://doi.org/10.1016/j.powte​c.2014.04.033.

Vieira RE, Mansouri A, McLaury BS, et al. Experimental and compu-
tational study of erosion in elbows due to sand particles in air flow. 
Powder Technol. 2016;288:339–53. https​://doi.org/10.1016/j.
powte​c.2015.11.028.

Xiong J, Liu XJ, Liang LX, et al. Investigation of methane adsorption 
on chlorite by grand canonical Monte Carlo simulations. Petrol 
Sci. 2017;14:37–49. https​://doi.org/10.1007/s1218​2-016-0142-1.

Zeng DZ, Zhang EB, Ding Y, et al. Investigation of erosion behaviors 
of sulfur-particle-laden gas flow in an elbow via a CFD-DEM 
coupling method. Powder Technol. 2018;329:115–28. https​://doi.
org/10.1016/j.powte​c.2018.01.056.

Zhang H, Tan Y, Yang D, et al. Numerical investigation of the loca-
tion of maximum erosive wear damage in elbow: effect of slurry 
velocity, bend orientation and angle of elbow. Powder Technol. 
2012;217:467–76. https​://doi.org/10.1016/j.powte​c.2011.11.003.

Zhang J, McLaury BS, Shirazi SA. Modeling sand fines erosion in 
elbows mounted in series. Wear. 2018a;402–403:96–206. https​://
doi.org/10.1016/j.wear.2018.02.009.

Zhang J, McLaury BS, Shirazi SA. Application and experimental 
validation of a CFD based erosion prediction procedure for jet 
impingement geometry. Wear. 2018b;394–395:11–9. https​://doi.
org/10.1016/j.wear.2017.10.001.

Zhang Y, Reuterfors EP, McLaury BS, et al. Comparison of com-
puted and measured particle velocities and erosion in water and 
air flows. Wear. 2007;263(1–6):330–8. https​://doi.org/10.1016/j.
wear.2006.12.048.

Zhao Y, Tang C, Yao J, et al. Investigation of erosion behavior of 304 
stainless steel under solid–liquid jet flow impinging at 30°. Petro-
leum Science. 2020;17:1135–50. https​://doi.org/10.1007/s1218​
2-020-00473​-7.

Zhu HJ, Li S. Numerical analysis of mitigating elbow erosion with a 
rib. Powder Technol. 2018;330:445–60. https​://doi.org/10.1016/j.
powte​c.2018.02.046.

https://doi.org/10.1007/s12182-016-0084-7
https://doi.org/10.1007/s12182-016-0084-7
https://doi.org/10.1016/0043-1648(63)90003-6
https://doi.org/10.1016/0043-1648(63)90073-5
https://doi.org/10.1016/0043-1648(63)90073-5
https://doi.org/10.1016/j.powtec.2015.06.021
https://doi.org/10.1016/j.powtec.2019.04.058
https://doi.org/10.1016/j.powtec.2019.04.058
https://doi.org/10.1016/0043-1648(60)90055-7
https://doi.org/10.2514/3.59826
https://doi.org/10.1016/0043-1648(95)07158-X
https://doi.org/10.1016/0043-1648(81)90347-1
https://doi.org/10.1016/0043-1648(81)90347-1
https://doi.org/10.1016/j.wear.2016.11.022
https://doi.org/10.1016/j.apt.2018.11.014
https://doi.org/10.1016/j.apt.2018.11.014
https://doi.org/10.1007/s12182-017-0172-3
https://doi.org/10.1007/s12182-017-0172-3
https://doi.org/10.1016/0043-1648(68)90591-7
https://doi.org/10.1016/0043-1648(68)90591-7
https://doi.org/10.1016/j.wear.2005.01.039
https://doi.org/10.1016/j.wear.2005.01.039
https://doi.org/10.1016/j.ces.2013.11.004
https://doi.org/10.1016/j.ces.2013.11.004
https://doi.org/10.1016/j.powtec.2016.02.030
https://doi.org/10.1016/j.powtec.2014.04.033
https://doi.org/10.1016/j.powtec.2015.11.028
https://doi.org/10.1016/j.powtec.2015.11.028
https://doi.org/10.1007/s12182-016-0142-1
https://doi.org/10.1016/j.powtec.2018.01.056
https://doi.org/10.1016/j.powtec.2018.01.056
https://doi.org/10.1016/j.powtec.2011.11.003
https://doi.org/10.1016/j.wear.2018.02.009
https://doi.org/10.1016/j.wear.2018.02.009
https://doi.org/10.1016/j.wear.2017.10.001
https://doi.org/10.1016/j.wear.2017.10.001
https://doi.org/10.1016/j.wear.2006.12.048
https://doi.org/10.1016/j.wear.2006.12.048
https://doi.org/10.1007/s12182-020-00473-7
https://doi.org/10.1007/s12182-020-00473-7
https://doi.org/10.1016/j.powtec.2018.02.046
https://doi.org/10.1016/j.powtec.2018.02.046

	Impact of inter-particle collision on elbow erosion based on DSMC-CFD method
	Abstract
	1 Introduction
	2 Numerical model
	2.1 Continuous phase model
	2.2 Discrete phase model
	2.3 Inter-particle collision model
	2.3.1 Particle collision dynamics model
	2.3.2 Collision probability

	2.4 Erosion prediction model

	3 CFD Modeling
	3.1 Geometric model and mesh generation
	3.2 Simulation conditions

	4 Results and discussion
	4.1 Velocity and pressure distributions
	4.2 Particle concentration distribution
	4.3 Inter-particle collision in flow field
	4.4 Effect of inter-particle collision on erosion behavior
	4.5 Comparison of erosion models

	5 Conclusions
	Acknowledgements 
	References




